ABSTRACT A natural mapping from the set of complex analytic isolated hypersurface singularities to the set of finite dimensional Lie algebras is first defined. It is proven that the image under this natural mapping is contained in the set of solvable Lie algebras. This approach gives rise to a continuous inequivalent family of finite dimensional representations of a solvable Lie algebra.
Let G be a semi-simple Lie group acting on its Lie algebra W by the adjoint action and let (B/G be the variety corresponding to the G-invariant polynomials on (W. The quotient morphism X: (W (>/G was intensively studied by Kostant (1, 2) .
Let t C (M be a Cartan subalgebra of W and W be the corresponding Weyl group.
(i) The space W/G may be identified with the set of semisimple G classes in W such that X maps an element x E W to the class of its semi-simple part xA.
(ii) By a theorem of Chevalley, the space W/G is isomorphic to p/W, an affine space of dimension r = rank (M, the isomorphism being given by the map of a semi-simple class to its intersection with 9 (a W orbit).
The following beautiful theorem of Brieskorn (3) conjectured by Grothendieck (4) establishes connections between the simple singularities and the simple Lie algebras.
THEOREM. Let W be a simple Lie algebra over C of type Ar Dr) Er, Then (i) The intersection of the variety N(($) of the nilpotent elements of W with a transverse slice S to the subregular orbit, which has codimension 2 in N(s), is a surface S n N(W) with an isolated rational double point of the type corresponding to the algebra W.
(ii) The restriction of the quotient X: W -@* ,/W to the slice S is a realization of a semi-universal deformation of the singularity in S n N(().
The complete detail of this theory can be found in Slodowy's papers (5, 6 Then the moduli algebra A(V): = C(x, y,z)/(x2,y2,z2) -C-vector space spanned by (1,x, y,z,xy, yz,zx,xyz) with multiplication rules x2 = 0, y2 = 0, z2 = 0. The Lie algebra associated to the singularity is L(V) C-vector space spanned by x-, xy-, zx-, xyz- 0, the moduli algebra A(V,) ( are isomorphic as Lie algebra.
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Propositions 10 and 11 below say that the above solvable Lie algebra has a continuous family of inequivalent finite dimensional representation. 
